
NUSTEC board meeting

16 November, 2017

RICHARD HILL

UKentucky and Fermilab

1

Elementary targets/elementary amplitudes workshop
  



2

“Elementary amplitudes for the neutrino scattering program”

• w/ M. Betancourt (FNAL), S. Pastore (LANL) 

• part of a larger INT program “fundamental physics with 
electroweak probes of light nuclei” (June 12 - July 13) 
organized by S. Bacca (Mainz/TRIUMF), RJH, D. Phillips (Ohio), S. 
Pastore (LANL)

• INT, Seattle 

• ~2.5 days during the week of June 25-29, 2018 (TBC)
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Elementary amplitudes workshop:  motivation

• neutrino nucleus cross sections rely on nucleon-level inputs

• critical inputs rely on 70’s era 
bubble chamber data: 
pioneering but not designed to 
underpin today’s neutrino 
program

Fermilab 15-foot deuterium bubble 
chamber, PRD 28, 436 (1983)
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tion, the following assumptions are made: (1) time-
reversal invariance and charge symmetry, (2) partially con-
served axial-vector current (PCAC} for the small pseudo-
scalar term, and (3) isotriplet-conserved-vector-current
(CVC) hypothesis.
The first assumption, which requires all form factors to

be real, yields Eq——F~——0, leading to the absence of second
class currents. With the second assumption, Fp(Q ) is
given by

20-

Fp(Q )=2M Fg(Q~)/(Q +m ),
where

'0 2
Q' (Gev')

FICx. S. The Q distribution for the selected quasielastic
events. The solid curve represents the differential cross section
of quasielastic scattering for the neutron in deuteron.

Q'= (P —P„)'—(E„—E„)' .
The contribution to the cross section from this term in the
energy region E„&5 GeV is less than 0.1%, and conse-
quently this term is neglected. The third assumption re-
lates Fz and Fz to the isovector Sachs electric and mag-
netic form factor, Gz and G~ determined from electron-
scattering experiments as follows:

near /=0 . The shaded area corresponds to the addition-
al events found from the rescan. Using the average of the
events with P between —90 and 126 (dashed line), we
calculated the event bias to be S%%uo. This does not neces-
sarily represent the true loss of events because of the
three-point plot per event. We examined the true event
loss from the event bias in Fig. 4 by using a Monte Carlo
simulation. This event loss amounts to 8% and is not
recovered by rescanning (shaded area). Hence, a correc-
tion of 1.08+0.05 has been made to the data independent
of scanning efficiency.
Figure 5 shows the Q distribution for the quasielastic

events. The curve in Fig. 5 is the best fit obtained by us-
ing the prediction of the differential cross section for reac-
tion (2) with M~ ——1.05 GeV which was obtained from
this experiment (see Sec. III). The X value from this ftt
was found to be 15 for 20 data points for Q between 0.1
and 3 GeV . Comparing the observed Q distribution to
the fitted curve, the correction factor for Q &0.1 GeV2 is
estimated to be 1.10+0.02. The overall correction factor
including scanning-measuring efficiency is 1.34+0.07.
We note that this correction factor influences the value of
the neutrino flux but not the Mz value, because we use a
flux-independent method to determine Mq.

III. MEASUREMENT OF THE FORM FACTOR

2 2
Fy(Q') = G~(Q')+ — G (Q') 1+

4M 4M

2
' —1

Ff(Q )=[6M(Q )—GE(Q )]g ' 1+
4M

2
' —2

GE(Q }=6M(Q }(1+/) =A(Q ) 1+
My

where M~ is the vector mass, Mv ——0.84 GeV, g is the
difference between the proton and neutron anomalous
magnetic moment,

g'=}Mp—p„=3.708,
and A, (Q ) (Ref. 1S) is the correction factor for the small
deviation of the electron-scattering data from a pure di-
pole form factor. We further assume the axial-vector
form factor in a dipole form,

+g(Q )=+g(0)/(I+Q /Mg )

where the value of F~(0)=—1.23+0.01 is taken from P-
decay experiments. '
From these assumptions, the differential cross section

for the quasielastic reaction can be expressed in terms of
only one parameter, Mz, as

In the context of the V—A theory, the matrix element
for the quasielastic reaction, v&n ~p p, can be written as
a product of the hadronic weak current and the leptonic
current. ' The general form of the hadronic weak current
is written in terms of six complex form factors which are
functions of Q and characterize the nucleon structure.
These are Fs (induced scalar), Fp (induced pseudoscalar),
F~ (isovector Dirac), Ff (isovector Pauli), F~ (axial vec-
tor}, and Fr (induced tensor). The quasielastic cross sec-
tion can be expressed in terms of these six form factors.
In order to simplify the analysis of the quasielastic reac-

GMcos8c 2 2 (s u)&( ')+&( )
dQ 8rrE„M

1

C(Q2) (s
—u) (7)

where s —u =4ME„Q m&, and M =(M„+—Mp)—/2.
The values of the Fermi constant and of the Cabibbo angle
are taken to be G =1.166 32& 10 GeV and
cos8c——0.9737, respectively (see Ref. 16). The structure

ANL 12-foot deuterium bubble 
chamber, PRD 26, 537 (1982)

BNL 7-foot deuterium bubble 
chamber, PRD23, 2499 (1981)

• e.g. neutrino-neutron CCQE: 
about 3K events in world data
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Elementary amplitudes workshop:  topics

1) the quantitative impact of better constraints on the 
elementary amplitudes 
 
2) the scientific impact of a new hydrogen or deuterium 
target experiment 

3) the optimal design and technical feasibility of a new 
hydrogen or deuterium target experiment;
 

4) constraints on the elementary amplitudes from other 
methods 
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FIG. 8. Free nucleon CCQE cross section computed
from Eqs. (31), (32) and (33), for neutrino-neutron (top)
and antineutrino-proton (bottom) scattering. Also shown
are results using dipole axial form factor with axial mass
mA = 1.014(14) GeV [55].

energies, the cross sections and uncertainties shown in
Fig. 8 are

�⌫n!µp(E⌫ = 1GeV) = 10.1(0.9)⇥ 10�39 cm2 ,

�⌫n!µp(E⌫ = 3GeV) = 9.6(0.9)⇥ 10�39 cm2 , (38)

for neutrinos and

�⌫̄p!µn(E⌫ = 1GeV) = 3.83(23)⇥ 10�39 cm2 ,

�⌫̄p!µn(E⌫ = 3GeV) = 6.47(47)⇥ 10�39 cm2 , (39)

for antineutrinos.
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FIG. 9. Cross section for charged-current quasielastic events
from the MINERvA experiment [56] as a function of re-
constructed Q2, compared with prediction using relativistic
Fermi gas (RFG) nuclear model with z expansion axial form
factor extracted from deuterium data. MINERvA data uses
an updated flux prediction from [82]. Also shown are results
using the same nuclear model but dipole form factor with
axial mass mA = 1.014(14) GeV [55].

C. Neutrino nucleus cross sections

Connecting nucleon-level information to experimen-
tally observed neutrino-nucleus scattering cross sections
requires data-driven modeling of nuclear e↵ects. Our
description of the axial form factor and uncertainty in
Eqs. (31), (32), and (33) can be readily implemented
in neutrino event generators that interface with nuclear
models.15

A multitude of studies and comparisons are possible.
As illustration, consider MINERvA quasielastic data on
carbon [56]. Figure 9 shows a comparison of the Q2 dis-
tribution of measured events with the predictions from
our FA(q2), using a relativistic Fermi gas nuclear model
in the default configuration of the GENIE v2.8 neutrino
event generator [6]. For comparison, we display the result
obtained using a dipole FA with axial mass central value
and error as quoted in the world average of Ref. [55]. The
central curves di↵er in their kinematic dependence, and
the dipole result severely underestimates the uncertainty
propagated from deuterium data.
The z expansion implementation within GENIE in-

15 The z expansion will be available in GENIE production release
v2.12.0. The code is currently available in the GENIE trunk
prior to its o�cial release. The module provides full generality
of the z expansion, and supports reweighting and error analysis
with correlated parameters.

5

n p

μ-νμ

poorly known axial form factor

�(⌫n ! µp) = | · · ·FA(q
2) · · · |2

discrepancy: nucleon effects or nuclear 
effects ? 

ab initio methods and extensions, e.g. 

• impact of nucleon-level uncertainties
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1 Introduction54

Muonic hydrogen, the electromagnetic bound state of a muon and proton, is a theoretically pristine atomic55

system. As far as we know, it is governed by the same interactions as ordinary hydrogen, but with the56

electron of mass 0.511 MeV replaced by the heavier muon of mass 106 MeV, an example of electron-muon57

universality. That mass enhancement (⇠207) manifests itself in much larger atomic energy spacings and a58

smaller Bohr radius of 2.56⇥10�3Å. This places the muonic hydrogen size about halfway (logarithmically)59

between the atomic angstrom and the nuclear fermi (1 fm = 10�5Å) scale.60

Those di↵erences make muonic hydrogen very sensitive to otherwise tiny e↵ects such as those due to61

proton size and nucleon structure parameters governing weak interaction phenomenology. Indeed, muonic62

hydrogen Lamb shift spectroscopy [1, 2] has provided a spectacularly improved measurement of the proton63

charge radius that di↵ers by about 7 standard deviations from the previously accepted value inferred from64

ordinary hydrogen and electron-proton scattering [3]. (That so called Proton Radius Puzzle is currently65

unresolved [4–6]). Similarly, the larger muon mass kinematically allows the weak muon capture process66

depicted in Fig. 1,67

µ� + p ! ⌫
µ

+ n , (1)

to proceed, while ordinary hydrogen is (fortunately for our existence) stable.68

W+

p

µ�

n

⌫µ

Figure 1: Muon capture on the proton, µ�p ! ⌫
µ

n, via charged W boson exchange.

Weak muon capture in nuclei has provided a historically important probe of weak interactions and a69

window for studying nuclear structure. In particular, weak capture in muonic hydrogen is a sensitive probe70

of the induced pseudoscalar component of the axial current p ! n matrix element which is well predicted71

from the chiral properties of QCD. However, early experimental determinations of that pseudoscalar72

coupling, ḡ
P

,1 had, for some time, appeared problematic [7]. All ḡ
P

extractions from ordinary muon73

capture in hydrogen su↵ered from limited precision, while the more sensitive extraction from radiative74

muon capture [8] disagreed with ordinary muon capture and the solid prediction of Chiral Perturbation75

Theory (�PT) [9–13]. An important underlying contribution to this problem was the chemical activity of76

muonic hydrogen, which like its electronic sibling, can form molecular ions, (ppµ)+. The highly spin de-77

pendent weak interaction leads to very di↵erent capture rates from various muonic atomic and molecular78

states. Thus, atomic physics processes like ortho-para transitions in the muonic molecule, which flip the79

proton spins, significantly change the observed weak capture rates and often clouded the interpretation80

of experimental results in the 55-year history of this field. Unfortunately, the uncertainty induced by81

molecular transitions was particularly severe for the most precise measurements which were performed82

with high density liquid hydrogen targets, where, because of rapid ppµ formation, essentially capture from83

the molecule, not the pµ atom, is observed. This problem was resolved by the MuCap Collaboration at84

1The quantity ḡP is defined at the characteristic momentum q2

0

for muon capture, see Eqs. (8),(23) below.
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• complementary processes

lattice average: see also Yao, Alvarez-Ruso, Vicente-Vacas 
1708.08776 [ rA2=0.26(4) fm2]

from RJH, Kammel, Marciano, Sirlin 1708.08462

of the isovector axial form factor, and the strange vector form factors, taking the remaining form factors854

from other sources. An amplitude was measured for F
A

(q2) at Q2 = �q2 = 0.22 and 0.63 GeV2, but with855

insu�cient precision to extract shape information. The process e+d ! ⌫̄
e

pp is another possibility to access856

the charged current nucleon interaction, e+n ! ⌫̄
e

p using electron (positron) beams. No measurements857

of this process currently exist.858

5.2.4 Summary of complementary constraints859
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Figure 7: (color online) Axial radius determined by di↵erent processes. Data points are as in Table 1.
The hashed red region represents the average obtained in this work, obtained from the z expansion ⌫d and
MuCap results [cf. Eq. (36)]. The hatched blue band represents the average of the dipole ⌫d and dipole
eN ! eN 0⇡ results from Ref. [17]. Values labeled “dipole” enforce the dipole shape ansatz. The value
labeled “z exp.” uses the model independent z expansion. The green point represents the MiniBooNE
dipole fit [20] to ⌫-C scattering data, and does not account for nuclear model uncertainty.

A range of processes and techniques have potential to help constrain the nucleon axial radius. Some860

of these, such as pion electroproduction and parity violating electron-proton scattering, access the form861

factor and radius indirectly and su↵er significant model-dependent corrections that need to be further862

addressed to achieve ⇠ 10% accuracy on r2

A

. Lattice QCD and elementary target neutrino scattering are863

potentially pristine theoretical or experimental approaches. However, lattice QCD has not yet achieved864

the requisite accuracy, and hydrogen or deuterium active target neutrino experiments are fraught with865

surmountable but di�cult technical and safety issues. Figure 7 displays the range of values for r2

A

as866

tabulated in Table 1, including the MuCap determination presented in this paper. Our average, Eq. (36),867

is obtained from the z expansion ⌫d and MuCap results, which have complete error budgets. The future868

is sure to witness an interesting complementarity between di↵erent approaches to axial nucleon structure,869

with a wide range of constraints and applications.870

26

form factor 
assumption

nuclear 
model 

assumption


