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Understanding the emergent phenomena of QCD

Hadron Structure Hadron formation 4

“In philosophy, systems 
theory, science, and art, 
emergence occurs when an 
entity is observed to have 
properties its parts do not 
have on their own, properties 
or behaviors which emerge 
only when the parts interact in 
a wider whole.”  Wiki
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functions of x only [10] so that 

M2vGl(Q2, v ) ~ g l ( x ) ,  Mv2G2(Q2, v ) ~ g 2 ( x ) .  (2) 

These structure functions can be obtained from experiments in which longitudi- 
nally polarised muons are scattered from longitudinally polarised target nucleons by 
measuring the asymmetry 

d o ; l  - d o * t  
A =  d o T + + d o  ~* " (3) 

This asymmetry is related through the optical theorem to the virtual photon 
asymmetries A 1 and A2 by 

w h e r e  

A = D(A 1 + ~lA2) , (4) 

01/2- -03 /2  OTL 
A1 - , A 2 - , ( 5 , 6 )  

0 1 / 2 + 0 3 / 2  0 T 

y ( 2 - y )  2 ( 1 - y )  V ~  
D = y z + 2 ( 1 - y ) ( l + R ) '  B = y ( 2 - y )  ~ -  (7,8) 

Here 01/2(%/2) is the virtual photoabsorption cross section when the projection of 
the total angular momentum of the photon-nucleon system along the incident 

1 lepton direction is ~£ (~), o r = ~(Ol/2 + %/2) is the total transverse photoabsorption 
cross section and OTL is a term arising from the interference between transverse and 
longitudinal amplitudes. The term R in eq. (7) is the ratio of the longitudinal to 
transverse photoabsorption cross sections and D can be regarded as a depolarisa- 
tion factor of the virtual photon. 

The asymmetries A 1 and A 2 can be expressed in terms of the structure functions 
gl and g2 [11] as 

1 1 
Al=(gl- 'g2g2)-~l ,  A2 = y(gl  -I- g2) ~1,  (9,10) 

where F~ is the spin independent structure function of the proton (the explicit 
(Q2, x) dependence of the structure functions has been omitted for brevity) and 
y =(2Mx/Ey)  ~/2. Hence eliminating g2 we obtain to first order in ~,, gl = 
FI(A 1 + 7A2). Substituting for A 1 from eq. (4) gives 

gl = FI( A /D + ( ~ -  ~)A2)- 
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There are rigorous positivity limits on the asymmetries [12], i.e. ]A~I _< 1 and 
[A2] < ~ - .  Since ~,, ~ and R are all small in the kinematic range of this experiment 
the term in A 2 may be neglected and 

so that 

m 1 ~- A / D ,  (11)  

gl = AtF1 = AIF2/2x(1 + R ) , (12) 

where F 2 is the second spin independent proton structure function. Neglecting A 2 
in this way is equivalent to neglecting the contribution of g2 which has been shown 
to have a negligible effect [13]. 

The structure function gl(x)  is obtained as follows. The asymmetry A (eq. (3)) is 
obtained from the experimental data, from which the virtual photon asymmetry A 1 
is deduced via eq. (11). The structure function gt(x)  is then obtained from eq. (12) 
using the known values of F 2 and R. The effect of neglecting A 2 is included in the 
systematic error, using the above mentioned limits for A 2. 

3. Theoretical models 

By angular momentum conservation, a spin-1 parton cannot absorb a photon 
when their two helicities are parallel. Hence in the quark-par ton model (QPM), 
01/2(03/2) can only receive contributions from partons whose helicities are parallel 
(antiparallel) to that of the nucleon. Hence it follows that 

Al 01/2 - -  O3/2 -- Ee2(q[(x )  -- q[(x)) (13) 
01/2 03/2 Ee2(qT(x) + q/ (x) )  ' 

where q + ( ) ( x )  is the distribution function for quarks of flavour i and charge 
number e, whose helicity is parallel (antiparallel) to that of the nucleon. The sum is 
over all quark flavours i. In this model F 1 is given by 

Fl(x  ) = ~ _ , e ? ( q [ ( x )  + q [ ( x ) ) .  

Hence from eqs. (12) and (13), it follows that 

g l ( x )  : ½ Y~e?(q + ( x )  - q [ ( x ) ) .  (14) 

In the simple non-relativistic QPM [14] in which the proton consists of three 
valence quarks in an SU(6) symmetric wave function, A p = ~ and A[' = 0 and are 
independent of x. Such a model clearly did not describe the SLAC data. Many 
models, mainly based on the QPM, were developed to predict the behaviour of the 
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The systematic errors in the two results have different origins, being dominated 
by the uncertainty due to possible false asymmetries from acceptance effects in the 
EMC case and by the value of R in the SLAC case. Therefore the systematic errors 
can be combined as if they were statistical, giving 

f °7gPdx = 0.092 ± 0.006 _+ 0.010, 
0.1 

(43) 

where a further 5% contribution has now been added for the uncertainty in F 2 in 
this x range. In addition the EMC data alone give 

f0 .1 P .01g I dx  = 0.030 + 0.008 +_ 0.007, (44) 

where the systematic error includes the uncertainty in F 2. In combining eqs. (43) 
and (44), care must be taken regarding the correlation in the uncertainties for EMC 
data in the low and high x ranges. If the systematic errors in eqs. (43) and (44) were 
uncorrelated, they should be added in quadrature whereas if they were correlated 
they should be added linearly. Since eq. (43) was obtained with approximately equal 
contributions from SLAC and EMC, the mean of the values of the two approaches 
is taken. Adding the contributions from extrapolating into the unmeasured regions 
gives 

fo LgPdx = 0.126 + 0.010 _+ 0.015. (45) 

The value expected for this integral from the Ellis-Jaffe sum rule (17) is 
0.189 ± 0.005 using the current values of F/D = 0.631 _+ 0.018 [52], gA = 1.254 +_ 
0.006 and a~ = 0.27 _+ 0.02 at Q2 = 10.7GeV 2. The measured value is inconsistent 
with this prediction. 

IO. Discussion of the results and conclusions 

The QCD corrected parton model expression for the integral of gl p can be 
written [53] 

Fp= ~glPdX= 1 -  + + 2  1 a o , (46) 

where the aj  are directly related to the proton matrix elements of the nonet of axial 
vector currents A~ = ' t ' y "%(Xi /2 ) ' t  ", j = 0, 1 . . . .  8 by <P, SIA~IP, S> = 2MajS ~ 
where S ~ is the covariant spin vector of the proton. 

QCD Corrected 
Quark Parton Model
(Ellis-Jaffe Sum rule)
0.189 ± 0.005
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The Nucleon Spin Sum Rule

M. Burkardt(1)

(1) New Mexico State University - Las Cruces, N.M.

Summary. — Definitions of orbital angular momentum based on Wigner distri-
butions are used as a framework to discuss the connection between the Ji definition
of the quark orbital angular momentum and that of Ja!e and Manohar. We find
that the di!erence between these two definitions can be interpreted as the change
in the quark orbital angular momentum due to final state interactions as it leaves
the target in a DIS experiment.

PACS 14.20 – Dh.

1. – Angular Momentum Decompositions

Since the famous EMC experiments revealed that only a small fraction of the nucleon
spin is due to quark spins [1], there has been a great interest in ‘solving the spin puzzle’,
i.e. in decomposing the nucleon spin into contributions from quark/gluon spin and orbital
degrees of freedom. In this e!ort, the Ji decomposition [2]

1

2
=

1

2

!

q

"q +
!

q

Lz
q + Jz

g(1)

appears to be very useful: through GPDs, not only the quark spin contributions "q
but also the quark total angular momenta Jq ! 1

2"q + Lz
q (and by subtracting the spin

piece also the the quark orbital angular momenta Lz
q) entering this decomposition can

be accessed experimentally. The terms in (1) are defined as expectation values of the
corresponding terms in the angular momentum tensor

M0xy =
!

q

1

2
q†#zq +

!

q

q†
"

!r " i !D
#z

q +
$

!r "
"

!E " !B
#%z

(2)

in a nucleon state with zero momentum. Here i !D = i!"#g !A is the gauge-covariant deriva-
tive. The main advantages of this decomposition are that each term can be expressed as
the expectation value of a manifestly gauge invariant local operator and that the quark
total angular momentum Jq = 1

2"q+Lq can be related to GPDs [2] and is thus accessible

c! Società Italiana di Fisica 1
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in deeply virtual Compton scattering and deeply virtual meson production and can also
be calculated in lattice gauge theory.

Ja!e and Manohar have proposed an alternative decomposition of the nucleon spin,
which does have a partonic interpretation [3], and in which also two terms, 1

2"q and "G,
are experimentally accessible

1

2
=

1

2

!

q

"q +
!

q

Lq +"G+ Lg.(3)

The individual terms in (3) can be defined as matrix elements of the corresponding terms
in the +12 component of the angular momentum tensor

M+12=
1

2

!

q

q†+!5q+ +
!

q

q†+

"

"r ! i"#
#z

q+ + $+!ijTrF+iAj + 2TrF+j
"

"r ! i"#
#z

Aj(4)

for a nucleon polarized in the +ẑ direction. The first and third term in (3),(4) are the
‘intrinsic’ contributions (no factor of "r!) to the nucleon’s angular momentum Jz = + 1

2
and have a physical interpretation as quark and gluon spin respectively, while the second
and fourth term can be identified with the quark/gluon OAM. Here q+ " 1

2!
!!+q is

the dynamical component of the quark field operators, and light-cone gauge A+ " A0 +
Az = 0 is implied. The residual gauge invariance can be fixed by imposing anti-periodic
boundary conditions "A"(x",#) = $ "A"(x",$#) on the transverse components of the
vector potential. L also naturally arises in a light-cone wave function description of
hadron states, where 1

2 = 1
2

$

q "q +"G + L, in the sense of an eigenvalue equation, is
manifestly satisfied for each Fock component individually [4].

A variation of (1) has been suggested in Ref. [5], where part of Lz
q is attributed to the

glue as ’potential angular momentum’. As we will discuss in the following, the potential
angular momentum also has a more physical interpretation as the e!ect from final state
interactions. Other decompositions, in which only one term is experimentally accessible,
will not be discussed in this brief note.

2. – Orbital Angular Momentum from Wigner Distributions

Wigner distributions can be defined as defined as o! forward matrix elements of non-
local correlation functions [6, 7, 8]

WU (x,"b","k") "

%

d2"q"
(2%)2

%

d2&"d&
!

(2%)3
e!i!q!·!b!ei(xP

+""!!k!·!"!)%P #S#|q̄(0)#U0"q(&)|PS&(5)

with P+ = P+#, P" = $P #
" = q!

2 . Throughout this paper, we will chose "S = "S# = "̂z.
Furthermore, we will focus on the ’good’ component by selecting # = !+. In order to
ensure manifest gauge invariance, a Wilson line gauge link U0" connecting the quark field
operators at position 0 and & must be included [9, 10]. The issue of choice of path for
the Wilson line will be addressed below.

In terms of Wigner distributions, quark OAM can be defined as [11]

LU =

%

dxd2"b"d
2"k"

"

"b" ! "k"

#

z
WU (x,"b","k").(6)

Ji’s decomposition Jaffe-Manohar decomposition

<latexit sha1_base64="4PlRPPV6vy7+A85jwG1pRhofJ6w=">AAACA3icbVDLSgMxFL3js9bXqDvdBEuhbspMKT52RTcuK9gHdIaSSdM2NJkZkoxQhoIbf8WNC0Xc+hPu/BvTdhbaeuByD+fcS3JPEHOmtON8Wyura+sbm7mt/PbO7t6+fXDYVFEiCW2QiEeyHWBFOQtpQzPNaTuWFIuA01Ywupn6rQcqFYvCez2OqS/wIGR9RrA2Utc+9hQTqORWEPJiga7mza2eecWuXXDKzgxombgZKUCGetf+8noRSQQNNeFYqY7rxNpPsdSMcDrJe4miMSYjPKAdQ0MsqPLT2Q0TVDRKD/UjaSrUaKb+3kixUGosAjMpsB6qRW8q/ud1Et2/9FMWxommIZk/1E840hGaBoJ6TFKi+dgQTCQzf0VkiCUm2sSWNyG4iycvk2al7J6Xq3fVQu06iyMHJ3AKJXDhAmpwC3VoAIFHeIZXeLOerBfr3fqYj65Y2c4R/IH1+QPuC5SC</latexit>

⇠ (12± 9± 14)%
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The systematic errors in the two results have different origins, being dominated 
by the uncertainty due to possible false asymmetries from acceptance effects in the 
EMC case and by the value of R in the SLAC case. Therefore the systematic errors 
can be combined as if they were statistical, giving 

f °7gPdx = 0.092 ± 0.006 _+ 0.010, 
0.1 

(43) 

where a further 5% contribution has now been added for the uncertainty in F 2 in 
this x range. In addition the EMC data alone give 

f0 .1 P .01g I dx  = 0.030 + 0.008 +_ 0.007, (44) 

where the systematic error includes the uncertainty in F 2. In combining eqs. (43) 
and (44), care must be taken regarding the correlation in the uncertainties for EMC 
data in the low and high x ranges. If the systematic errors in eqs. (43) and (44) were 
uncorrelated, they should be added in quadrature whereas if they were correlated 
they should be added linearly. Since eq. (43) was obtained with approximately equal 
contributions from SLAC and EMC, the mean of the values of the two approaches 
is taken. Adding the contributions from extrapolating into the unmeasured regions 
gives 

fo LgPdx = 0.126 + 0.010 _+ 0.015. (45) 

The value expected for this integral from the Ellis-Jaffe sum rule (17) is 
0.189 ± 0.005 using the current values of F/D = 0.631 _+ 0.018 [52], gA = 1.254 +_ 
0.006 and a~ = 0.27 _+ 0.02 at Q2 = 10.7GeV 2. The measured value is inconsistent 
with this prediction. 

IO. Discussion of the results and conclusions 

The QCD corrected parton model expression for the integral of gl p can be 
written [53] 

Fp= ~glPdX= 1 -  + + 2  1 a o , (46) 

where the aj  are directly related to the proton matrix elements of the nonet of axial 
vector currents A~ = ' t ' y "%(Xi /2 ) ' t  ", j = 0, 1 . . . .  8 by <P, SIA~IP, S> = 2MajS ~ 
where S ~ is the covariant spin vector of the proton. 
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Thus, as expected, the u quarks are predominantly polarised parallel to the proton 
spin and the d quarks antiparallel. However, in this model, the strange quarks are 
also polarised antiparallel to the proton spin and only (12 + 9 + 14)% of the spin of 
the proton arises from the spin of its constituent quarks. Assuming, further, that the 
light quark sea is symmetric between u and d quarks and polarised to the same 
extent as that for strange quarks, together with the assumption that there are twice 
as many u or d quarks in the sea as strange quarks [1], it follows that 

<~)val . . . .  = ~(Au + A d -  4As) = +0.535 _+ 0.032_+ 0.046, 

<~),,ea = 5As = --0.475 +_ 0.080 +_ 0,115. (52) 

Hence, with these assumptions, we see that the spin of the valence quarks com- 
pletely accounts for the spin of the proton, but that it is almost exactly cancelled out 
by an equal and opposite contribution from the sea quarks. 

These are surprising results in view of the success of the static quark model in 
explaining such phenomena as the ratio of the neutron to proton magnetic mo- 
ments. In this it is assumed that the spin of the nucleon is due entirely to the spin of 
its valence quarks, without a contribution from sea quarks. 

The validity of the result (45) was initially questioned [55] on the grounds that 
gP(x) could diverge as x tends to zero, giving a large contribution to the integral 
from the unmeasured region (x < 0.01). It was argued that gP(x) could vary like 
1/x ln2x at small x as was once suggested on the basis of the Pomeron-Pomeron 
cut [56]. Such behaviour is no longer favoured on theoretical grounds [48,57-59] 
and, although it cannot definitely be excluded, there is no divergent tendency in the 
data (fig. 12). In addition, the integral converges well as x tends to zero (fig. 13). 

It has also been suggested [59] that there could be significant higher twist effects 
which would reduce the value of Fp in the Q2 range of this experiment and partially 
explain the low measured value. To check this idea the data have been split into two 
Q2 ranges ,  above and below 8 GeV 2, and f'p determined in each range. In the lower 
Q2 range, combining the EMC and SLAC data and using the averaged F 2 as 
described above (see subsect. 9.1), the result is Fp(Q 2) = 0.130 _+ 0.015 _+ 0.018 at a 
mean Q 2 =  4.8 GeV< In the upper Q2 range, using the EMC data alone and the 
same averaged F 2 as above, the result i s / , p ( Q 2 )  = 0.114 _+ 0.021 _+ 0.019 at a mean 
Q2 of 17.2 GeV 2. It can thus be seen that there is no significant Q2 dependence of 
/'p in the range covered by the data. This was also to be expected from the very 
weak Q2 dependence of A p at fixed x (see fig. 7). Hence we conclude that the 
higher twist effects in the Q2 range of this experiment are probably not large. 

An explanation of the effect has been given [57, 60] using the Skyrme model of the 
nucleon in the chiral limit of massless quarks and in the leading order of the 1/N,, 
expansion. In this model it is shown that none of the spin of the proton is carried by 
the quark spins. Even when chiral symmetry and SU(3) are broken, the contribution 
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The value of  F2/(1 + R)  for x < 0.03 was taken to be constant  as expected from 
Regge theory [46] and as confirmed experimentally up to Q 2 =  7 GeV 2 [471. The 
da ta  in fig. 12 tend to be constant  (within errors) for x < 0.2 as predicted from 
simple Regge theory [46, 48]. 

9. The integral of gP over x 

9.1. THE EMC DATA ALONE 

In integrat ing gP over x the values of  A 1 were assumed constant  over each x bin, 
but  the funct ion F 2 / 2 x ( 1  + R )  was integrated numerically for each bin because of 
its rapid variat ion for x > 0.3. Fig. 13 shows the values of  this integral f rom the low 
edge of  each bin to x = 1, plotted against the low edge of  the bin, together with the 
data  f rom SLAC [2, 3]. The inner and outer error bars are the statistical and total 
errors. It should be noted that the errors are cumulative, i.e. each error contains the 
cont r ibut ion  from all the previous points at higher x. The normalisation error is 
included in the total error. The smooth curve is the integral obtained by using the 
parameter isa t ion of  A 1 (eq. (34)) which was used to estimate the contributions from 
the regions in x not covered by the data, i.e. x < 0.01 and x > 0.7. 

It can be seen that contributions from the lower x bins are small and the integral 
converges well. The values of  the integral shown in fig. 13 were obtained using a 
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Fig. 3. The spin-dependent structure function xgp
1 at the measured values of Q 2 as 

a function of x. The COMPASS data at 200 GeV (red squares) are compared to the 
results at 160 GeV (blue circles) and to the SMC results at 190 GeV (green crosses) 
for Q 2 > 1 (GeV/c)2. The bands from top to bottom indicate the systematic un-
certainties for SMC 190 GeV, COMPASS 200 GeV and COMPASS 160 GeV. (Coloured 
version online.)

Fig. 4. World data on the spin-dependent structure function gp
1 as a function of 

Q 2 for various values of x with all COMPASS data in red (full circles: 160 GeV, full 
squares: 200 GeV). The lines represent the Q 2 dependence for each value of x, as 
determined from a NLO QCD fit (see Section 6). The dashed ranges represent the 
region with W 2 < 10 (GeV/c2)2. Note that the data of the individual x bins are 
staggered for clarity by adding 12.1–0.7i, i = 0 . . .17. (Coloured version online.)

6. NLO QCD fit of g1 world data

We performed a new NLO QCD fit of the spin-dependent struc-
ture function g1 in the DIS region, Q 2 > 1 (GeV/c)2, considering 
all available proton, deuteron and 3He data. The fit is performed in 
the MS renormalisation and factorisation scheme. For the fit, the 
same program is used as in Ref. [20], which was derived from pro-
gram 2 in Ref. [17]. The region W 2 < 10 (GeV/c2)2 is excluded as 
it was in recent analyses [21]. Note that the impact of higher-twist 

effects when using a smaller W 2 cut is considered in Ref. [22]. The 
total number of data points used in the fit is 495 (see Table 2), the 
number of COMPASS data points is 138.

The neutron structure function gn
1 is extracted from the 3He 

data, while the nucleon structure function gN
1 is obtained as 

gN
1 (x, Q 2) = 1

1 ! 1.5 !D
gd

1(x, Q 2), (9)

where !D is a correction for the D-wave state in the deuteron, 
!D = 0.05 ± 0.01 [27], and the deuteron structure function gd

1 is 
given per nucleon. The quark singlet distribution "qS(x), the quark 
non-singlet distributions "q3(x) and "q8(x), as well as the gluon 
helicity distribution "g(x), which appear in the NLO expressions 
for gp

1 , gn
1 and gN

1 (see e.g. Ref. [17]), are parametrised at a refer-
ence scale Q 2

0 as follows: 

" fk(x) = #k
x$k (1 ! x)%k (1 + &kx )

! 1
0 x$k (1 ! x)%k (1 + &kx )dx

. (10)

Here, " fk(x) (k = S, 3, 8, g) represents "qS(x), "q3(x), "q8(x) and 
"g(x) and #k is the first moment of " fk(x) at the reference 
scale. The moments of "q3 and "q8 are fixed at any scale by the 
baryon decay constants (F + D) and (3F ! D), respectively, assum-
ing SU(2)f and SU(3)f flavour symmetries. The impact of releasing 
these conditions is investigated and included in the systematic 
uncertainty. The coe!cients &k are fixed to zero for the two non-
singlet distributions as they are poorly constrained and not needed 
to describe the data. The exponent %g, which is not well deter-
mined from the data, is fixed to 3.0225 [28] and the uncertainty 
from the introduced bias is included in the final uncertainty. This 
leaves 11 free parameters in the fitted parton distributions. The 
expression for '2 of the fit consists of three terms, 

'2 =
Nexp"

n=1

#

$%
Ndata

n"

i=1

&

' gfit
1 ! Nn gdata

1,i

Nn(i

(

)
2

+
*

1 ! Nn

)Nn

+2

,

-. + '2
positivity .

(11)

Only statistical uncertainties of the data are taken into account in 
(i . The normalisation factors Nn of each data set n are allowed 
to vary taking into account the normalisation uncertainties )Nn . 
If the latter are unavailable, they are estimated as quadratic sums 
of the uncertainties of the beam and target polarisations. The fit-
ted normalisations are found to be consistent with unity, except 
for the E155 proton data where the normalisation is higher, albeit 
compatible with the value quoted in Ref. [16].

In order to keep the parameters within their physical ranges, 
the polarised PDFs are calculated at every iteration of the fit 
and required to satisfy the positivity conditions |"q(x) + "q̄(x)| "
q(x) + q̄(x) and |"g(x)| " g(x) at Q 2 = 1 (GeV/c)2 [29,30], which 
is accomplished by the '2

positivity term in Eq. (11). This proce-
dure leads to asymmetric values of the parameter uncertainties 
when the fitted value is close to the allowed limit. The unpo-
larised PDFs and the corresponding value of the strong coupling 
constant $s(Q 2) are taken from the MSTW parametrisation [28]. 
The impact of the choice of PDFs is evaluated by using the MRST 
distributions [31] for comparison.

In order to investigate the sensitivity of the parametrisation of 
the polarised PDFs to the functional forms, the fit is performed for 
several sets of functional shapes. These shapes do or do not include 
the &S and &g parameters of Eq. (10) and are defined at reference 
scales ranging from 1 (GeV/c)2 to 63 (GeV/c)2. It is observed [8]
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TABLE II: Our results for the intrinsic spin ( 12�⌃), angular
(L) and total (J) momentum contributions to the nucleon
spin and to the nucleon momentum hxi, in the MS-scheme
at 2 GeV, from up (u), down (d) and strange (s) quarks and
from gluons (g), as well as the sum of all contributions (tot.),
where the first error is statistical and the second a systematic
due to excited states.

1
2�⌃ J L hxi

u 0.415(13)(2) 0.308(30)(24) -0.107(32)(24) 0.453(57)(48)
d -0.193(8)(3) 0.054(29)(24) 0.247(30)(24) 0.259(57)(47)
s -0.021(5)(1) 0.046(21)(0) 0.067(21)(1) 0.092(41)(0)
g - 0.133(11)(14) - 0.267(22)(27)

tot. 0.201(17)(5) 0.541(62)(49) 0.207(64)(45) 1.07(12)(10)

ours are in overall agreement [41]. Results within lattice
QCD for the individual quark hxiq and Jq contributions
are scarce. The current computation is the first one using
dynamical light quarks with physical masses. A recent
quenched calculation yielded values of hxiu,d consistent
with ours.

In Fig. 3 we show schematically the various contri-
butions to the spin and momentum fraction. Using a
di↵erent approach to ours, the gluon helicity was re-
cently computed within lattice QCD and found to be
0.251(47)(16) [8]. Although we instead compute the
gluon total angular momentum and the two approaches
have di↵erent systematic uncertainties, we both find non-
negligible gluon contributions to the proton spin.

FIG. 3: Left: Nucleon spin decomposition. Right: Nu-
cleon momentum decomposition. All quantities are given in
the MS-scheme at 2 GeV. The striped segments show valence
quark contributions (connected) and the solid segments the
sea quark and gluon contributions (disconnected).

Conclusions: In this work we present a calculation of
the quark and gluon contributions to the proton spin,
directly at the physical point.

Having a single ensemble, we can only assess lat-
tice systematic e↵ects due to the quenching of the
strange quark, the finite volume and the lattice spac-
ing indirectly from other twisted mass ensembles. A
direct evaluation of these systematic errors is cur-
rently not possible and will be carried out in the fu-
ture. Individual components are computed for the up,

down, strange and charm quarks, including both con-
nected (valence) and disconnected (sea) quark contri-
butions. Our final numbers are collected in Table II.
The quark intrinsic spin from connected and discon-
nected contributions is 1

2�⌃u+d+s=0.299(12)(3)|conn. �
0.098(12)(4)|disc.=0.201(17)(5), while the total quark
angular momentum is Ju+d+s=0.255(12)(3)|conn. +
0.153(60)(47)|disc.=0.408(61)(48). Our result for the
intrinsic quark spin contribution agrees with the up-
per bound set by a recent phenomenological analy-
sis of experimental data from COMPASS [50], which
found 0.13 < 1

2�⌃ < 0.18. Using the spin
sum one would deduce that Jg=

1
2�Jq=0.092(61)(48),

which is consistent with taking Jg=
1
2 hxig=0.133(11)(14)

via the direct evaluation of the gluon momen-
tum fraction, which suggests that Bg

20(0) is indeed
small. Furthermore, we find that the momentum
sum is satisfied

P
qhxiq + hxig=0.497(12)(5)|conn. +

0.307(121)(95)|disc.+0.267(12)(10)|gluon=1.07(12)(10) as
is the spin sum of quarks and gluons giving JN=

P
q Jq+

Jg=0.408(61)(48) + 0.133(11)(14)=0.541(62)(49) resolv-
ing a long-standing puzzle.
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TABLE II: Our results for the intrinsic spin ( 12�⌃), angular
(L) and total (J) momentum contributions to the nucleon
spin and to the nucleon momentum hxi, in the MS-scheme
at 2 GeV, from up (u), down (d) and strange (s) quarks and
from gluons (g), as well as the sum of all contributions (tot.),
where the first error is statistical and the second a systematic
due to excited states.

1
2�⌃ J L hxi

u 0.415(13)(2) 0.308(30)(24) -0.107(32)(24) 0.453(57)(48)
d -0.193(8)(3) 0.054(29)(24) 0.247(30)(24) 0.259(57)(47)
s -0.021(5)(1) 0.046(21)(0) 0.067(21)(1) 0.092(41)(0)
g - 0.133(11)(14) - 0.267(22)(27)

tot. 0.201(17)(5) 0.541(62)(49) 0.207(64)(45) 1.07(12)(10)

ours are in overall agreement [41]. Results within lattice
QCD for the individual quark hxiq and Jq contributions
are scarce. The current computation is the first one using
dynamical light quarks with physical masses. A recent
quenched calculation yielded values of hxiu,d consistent
with ours.

In Fig. 3 we show schematically the various contri-
butions to the spin and momentum fraction. Using a
di↵erent approach to ours, the gluon helicity was re-
cently computed within lattice QCD and found to be
0.251(47)(16) [8]. Although we instead compute the
gluon total angular momentum and the two approaches
have di↵erent systematic uncertainties, we both find non-
negligible gluon contributions to the proton spin.

FIG. 3: Left: Nucleon spin decomposition. Right: Nu-
cleon momentum decomposition. All quantities are given in
the MS-scheme at 2 GeV. The striped segments show valence
quark contributions (connected) and the solid segments the
sea quark and gluon contributions (disconnected).

Conclusions: In this work we present a calculation of
the quark and gluon contributions to the proton spin,
directly at the physical point.

Having a single ensemble, we can only assess lat-
tice systematic e↵ects due to the quenching of the
strange quark, the finite volume and the lattice spac-
ing indirectly from other twisted mass ensembles. A
direct evaluation of these systematic errors is cur-
rently not possible and will be carried out in the fu-
ture. Individual components are computed for the up,

down, strange and charm quarks, including both con-
nected (valence) and disconnected (sea) quark contri-
butions. Our final numbers are collected in Table II.
The quark intrinsic spin from connected and discon-
nected contributions is 1

2�⌃u+d+s=0.299(12)(3)|conn. �
0.098(12)(4)|disc.=0.201(17)(5), while the total quark
angular momentum is Ju+d+s=0.255(12)(3)|conn. +
0.153(60)(47)|disc.=0.408(61)(48). Our result for the
intrinsic quark spin contribution agrees with the up-
per bound set by a recent phenomenological analy-
sis of experimental data from COMPASS [50], which
found 0.13 < 1

2�⌃ < 0.18. Using the spin
sum one would deduce that Jg=

1
2�Jq=0.092(61)(48),

which is consistent with taking Jg=
1
2 hxig=0.133(11)(14)

via the direct evaluation of the gluon momen-
tum fraction, which suggests that Bg

20(0) is indeed
small. Furthermore, we find that the momentum
sum is satisfied

P
qhxiq + hxig=0.497(12)(5)|conn. +

0.307(121)(95)|disc.+0.267(12)(10)|gluon=1.07(12)(10) as
is the spin sum of quarks and gluons giving JN=

P
q Jq+

Jg=0.408(61)(48) + 0.133(11)(14)=0.541(62)(49) resolv-
ing a long-standing puzzle.
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1.1 Formalism

Let’s consider a cross-section of Drell-Yan process for example. The transverse momentum dependent cross-
section can have two forms depending on the magnitude of the struck parton’s transverse momentum.

• qT ⇠ Q >> ⇤QCD

d�

dQ2 d2qT
=

X

i,j

Z 1

0
d⇠ad⇠bfi/Pa

(⇠a)fj/Pb
(⇠b)

d�̂ij(⇠a, ⇠b)

dQ2

⇥


1 +O

✓
⇤QCD

Q
,
⇤QCD

qT

◆�
(1)

• qT << Q

d�

dQ2 d2qT
=

X

i,j

Hij(Q)

Z 1

0
d⇠ad⇠b

Z
d
2bTe

ibT.qTfi/Pa
(⇠a,bT)fj/Pb

(⇠b,bT)

⇥


1 +O

✓
⇤QCD

Q
,
qT

Q

◆�
(2)

Hij(Q) is “hard factor” which depends on the process, and bT is the Fourier conjugate to transverse
momentum kT.

fi/Pa
(⇠a,bT) and fj/Pb

(⇠b,bT) have been defined as a hadron matrix elements in LQCD

Momentum-space version of fi/Pa
(⇠a,bT) (or fj/Pb

(⇠b,bT)) was decomposed into 8 leading TMD PDFs.

�(x, kT , P, S) = f1(x, k
2
T )

/P

2
+

h1T (x, k2T )

4
�5[/ST , /P ] +

SL

2
g1L(x, k

2
T )�5 /P +

kT .ST

2M
g1T (x, k

2
T )�5 /P

+ SLh
?
1L(x, k

2
T )�5

[ /kT , /P ]

4M
+

kT .ST

2M
h
?
1T (x, k

2
T )�5

[ /kT , /P ]

4M

+ ih
?
1 (x, k

2
T )

[ /kT , /P ]

4M
�

✏
kTST
T

4M
f
?
1T (x, k

2
T )/P (3)

The Sivers function is the correlation between unpolarized quarks in a transversely polarized nucleon. It
vanishes by its naive definition in [13]

1.2 Single-transverse Spin Asymmetries (SSA)

For a general Drell-Yan (DY) process [14, 15] which involves only one hadron is polarized: h1 h
"
2 ! l

+
l
�
X,

the SSA can be defined as,

AUT =
d�

"
� d�

#

d�" + d�# =
d�(h1 h

"
2 ! l

+
l
�
X)� d�(h1 h

#
2 ! l

+
l
�
X)

d�(h1 h
"
2 ! l+l� X) + d�(h1 h

#
2 ! l+l� X)

(4)

The Collins-Soper frame was first proposed in [16].

1.3 Sivers Asymmetry

Sivers suggested [13] that the k? distribution could have an azimuthal asymmetry when the initial hadron
is transversely polarized, but this is in contradiction with parity and time-reversal invariance (PT) of QCD.
In other words, this asymmetry doesn’t exist according to the PT invariance of QCD.

3

6

• Quark correlator is the quantity that can be decomposed into 8 components (6 T -even and 2 T -odd
terms).

�(x, pT ;S) =

Z
d⇠

�
d⇠T

(2⇡)3
e
ip.⇠

hP, S| ̄(0) U[0,⇠]  (⇠)|P, Si|⇠+=0

�(x, kT ;S) =

Z
d⇠

�
d⇠T

(2⇡)3
e
ik.⇠

hP, S| ̄(0) U[0,⇠]  (⇠)|P, Si|⇠+=0

Definition of ⇠:

Why light-cone coordinates are used? Because the manifestation of quark-parton structure of
QCD, and construction of multi-parton Fock states as eigen states of QCD Hamiltonian is only possible
in the light-cone quantization.

What’s the role of gauge-link

Why ⇠+ = 0 limit?

• Asymmetry measurements like A
sin�
UT

• The first measurement of the Sivers function was done by STAR collaboration.

• The origin of the non-Universality of the Sivers function (relative sign between DY and SIDIS) is the
gauge invariance in QCD.

• Usually, the “hard scale” is the intermediate photon/boson virtuality, and the “soft scale” is parton’s
transverse momentum.

2

Quark correlator can be decomposed into 8 components 
(6 T -even and 2 T -odd terms) at leading-twist

T-odd

T-even

SIDIS

lepton lepton

proton Hadron
+ remnants

proton

DY

lepton

lepton

proton

remnants

remnants

jets

SIA

lepton

Anti-lepton

jetsquark

Anti-quark
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* For these two processes 
TMD factorization is proven
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<latexit sha1_base64="tdQaihkUsVF/OZJWW5bdw1r9veY=">AAACCnicbVDLSsNAFJ3UV62vqEs30SK4KokUdVkUisuK9gFNKJPJpB06eTBzI5aQtRt/xY0LRdz6Be78GydtFtp6YOBwzrkzc48bcybBNL+10tLyyupaeb2ysbm1vaPv7nVklAhC2yTikei5WFLOQtoGBpz2YkFx4HLadcdXud+9p0KyKLyDSUydAA9D5jOCQUkD/dAG+gDpLctDmU2YIJx6WMJMbzazgV41a+YUxiKxClJFBVoD/cv2IpIENATCsZR9y4zBSbEApu7OKnYiaYzJGA9pX9EQB1Q66XSVzDhWimf4kVAnBGOq/p5IcSDlJHBVMsAwkvNeLv7n9RPwL5yUhXECNCSzh/yEGxAZeS+GxwQlwCeKYCKY+qtBRlhgAqqYiirBml95kXROa9ZZrX5TrzYuizrK6AAdoRNkoXPUQNeohdqIoEf0jF7Rm/akvWjv2scsWtKKmX30B9rnD/FPm7I=</latexit>

Sivers~ FF

<latexit sha1_base64="+/2bZc1D3LCcKP6/pjrv9PUNNOA=">AAACCXicbVDJSgNBEO2JW4zbqEcvjUHwFGZE1GMwIB4jmAWSIfT0VJImPQvdNWIccvXir3jxoIhX/8Cbf2NnOWjig4LHe1XdVc9PpNDoON9Wbml5ZXUtv17Y2Nza3rF39+o6ThWHGo9lrJo+0yBFBDUUKKGZKGChL6HhDypjv3EHSos4usVhAl7IepHoCs7QSB2bthHuMasqwIdRmwvFJQRM41SuXI06dtEpORPQReLOSJHMUO3YX+0g5mkIEXLJtG65ToJexhQK8/ao0E41JIwPWA9ahkYsBO1lk0tG9MgoAe3GylSEdKL+nshYqPUw9E1nyLCv572x+J/XSrF74WUiSlKEiE8/6qaSYkzHsdBAKOAoh4YwroTZlfI+U4yjCa9gQnDnT14k9ZOSe1Y6vTktli9nceTJATkkx8Ql56RMrkmV1Agnj+SZvJI368l6sd6tj2lrzprN7JM/sD5/AB5Emz4=</latexit>

Pretz~ CF

<latexit sha1_base64="3p9d5uh0uCtPvyyPhEf6D38082A=">AAACCnicbVDLSsNAFJ34rPUVdekmWgRXJZGiLosFcVmhL2hCmUwm7dDJJMzcFEvo2o2/4saFIm79Anf+jdM2C209cOFwzr0z9x4/4UyBbX8bK6tr6xubha3i9s7u3r55cNhScSoJbZKYx7LjY0U5E7QJDDjtJJLiyOe07Q9rU789olKxWDRgnFAvwn3BQkYwaKlnnrhAHyBrSCzUaOISJgmnAVYw12u3k55Zssv2DNYycXJSQjnqPfPLDWKSRlQA4ViprmMn4GVYAtNvT4puqmiCyRD3aVdTgSOqvGx2ysQ600pghbHUJcCaqb8nMhwpNY583RlhGKhFbyr+53VTCK+9jIkkBSrI/KMw5RbE1jQXK2CSEuBjTTCRTO9qkQGWmIBOr6hDcBZPXiati7JzWa7cV0rVmzyOAjpGp+gcOegKVdEdqqMmIugRPaNX9GY8GS/Gu/Exb10x8pkj9AfG5w/v7Jux</latexit>

Transv~ CF

<latexit sha1_base64="tvyIIsAYCGSJQt9c+ihyZZ5UR5I="></latexit>

A
cos 2�h

UU / h
?q
1 ~H

?h
1q

<latexit sha1_base64="Eqtj5sJw+LayvX3683wuxBz+7fg="></latexit>

Asin(�h��s)
UT / f?q

1T ~Dh
1q

<latexit sha1_base64="UFkBM2L6l5lSoOhkb0W9D3PTfQA="></latexit>

A
sin(�h+�s)
UT / h

q
1 ~H

?h
1q

<latexit sha1_base64="8FB/6aMqKTldMctcEad/J7d6rZ4="></latexit>

A
sin(3�h��s)
UT / h

?q
1T ~H

?h
1q

<latexit sha1_base64="2dxYb9XbrSrHl4GbbQH+8pH1gQQ="></latexit>

d�LO

d⌦
=

↵2
em

Fq
F 1
v

n
1 + cos2 ✓ + sin2✓cos2�CSA

cos2�CS

U

o

<latexit sha1_base64="6XM7X8rbYfyWn/zZeyuOWWzVCoc="></latexit>

+sin2 ✓
⇣
sin(2�CS + �s)A

sin(2�CS+�s)
T

⌘

<latexit sha1_base64="Iv65wOWJV3ST8imD7gaOa6gjhm8="></latexit>h⇣
+sin(2�CS � �s)A

sin(2�CS��s)
T

⌘i

<latexit sha1_base64="fl+dChJX+AGJjjH/OH54EuuWCdU="></latexit>

+ST

h�
1 + cos2 ✓

�
sin�sA

sin�s

T

i

<latexit sha1_base64="L00FrhckPrkfD4i/kVNjkFZg9QA=">AAACB3icbVDLSsNAFJ3UV62vqEtBBovgqiRS1GWpGzdCBfuAJpTJZNIOnTyYuRFL6M6Nv+LGhSJu/QV3/o3TNoi2HrhwOOfemXuPlwiuwLK+jMLS8srqWnG9tLG5tb1j7u61VJxKypo0FrHseEQxwSPWBA6CdRLJSOgJ1vaGlxO/fcek4nF0C6OEuSHpRzzglICWeuahA+wesvr12KFcUsF8ogD/iD2zbFWsKfAisXNSRjkaPfPT8WOahiwCKohSXdtKwM2IBK4fH5ecVLGE0CHps66mEQmZcrPpHWN8rBUfB7HUFQGeqr8nMhIqNQo93RkSGKh5byL+53VTCC7cjEdJCiyis4+CVGCI8SQU7HPJKIiRJoRKrnfFdEAkoaCjK+kQ7PmTF0nrtGKfVao31XKtnsdRRAfoCJ0gG52jGrpCDdREFD2gJ/SCXo1H49l4M95nrQUjn9lHf2B8fAOb/pnK</latexit>

BM~ BM
<latexit sha1_base64="c+vGQLkIAPtRZ3FYi7n2R341OzE=">AAACDHicbVDLSsNAFJ3UV62vqks3g0VwVRIRdVlUxGVF+4AmlMlk0g6dPJi5EUvIB7jxV9y4UMStH+DOv3HSZqGtBwYO55zLnXvcWHAFpvltlBYWl5ZXyquVtfWNza3q9k5bRYmkrEUjEcmuSxQTPGQt4CBYN5aMBK5gHXd0kfudeyYVj8I7GMfMCcgg5D6nBLTUr9ZsYA+QNi+vMptySQXziAI8VW95PprplFk3J8DzxCpIDRVo9qtfthfRJGAhUEGU6llmDE5KJHC9IKvYiWIxoSMyYD1NQxIw5aSTYzJ8oBUP+5HULwQ8UX9PpCRQahy4OhkQGKpZLxf/83oJ+GdOysM4ARbS6SI/ERginDeDPS4ZBTHWhFDJ9V8xHRJJKOgSKroEa/bkedI+qlsn9eOb41rjvKijjPbQPjpEFjpFDXSNmqiFKHpEz+gVvRlPxovxbnxMoyWjmNlFf2B8/gDxP5w0</latexit>

PDF~ Sivers
<latexit sha1_base64="w4e8mMhin5hSE44g/rdZFFf2BTI=">AAACC3icbVA9SwNBEN2LXzF+nVraLAbBKtxJUMsQGxshQr4gd4S9zSZZsrd37M4Fw5Hexr9iY6GIrX/Azn/jJrlCEx8MPN6bYWZeEAuuwXG+rdza+sbmVn67sLO7t39gHx41dZQoyho0EpFqB0QzwSVrAAfB2rFiJAwEawWjm5nfGjOleSTrMImZH5KB5H1OCRipa596wB4grd5NPcoVFaxHNOCFWFdE6vG0axedkjMHXiVuRoooQ61rf3m9iCYhk0AF0brjOjH4KVHAzYJpwUs0iwkdkQHrGCpJyLSfzn+Z4jOj9HA/UqYk4Ln6eyIlodaTMDCdIYGhXvZm4n9eJ4H+tZ9yGSfAJF0s6icCQ4RnweAeV4yCmBhCqOLmVkyHRBEKJr6CCcFdfnmVNC9K7mWpfF8uVqpZHHl0gk7ROXLRFaqgW1RDDUTRI3pGr+jNerJerHfrY9Gas7KZY/QH1ucPUnmb4Q==</latexit>

BM~ Transv
<latexit sha1_base64="z+QJmPGSXDolk1gw3zkeuwQaS+Y=">AAACCnicbVC7SgNBFJ2NrxhfUUub0SBYhV0JahliYyNEMA9IljA7uUmGzD6YuSvGJbWNv2JjoYitX2Dn3zhJttDEAxcO59w7c+/xIik02va3lVlaXlldy67nNja3tnfyu3t1HcaKQ42HMlRNj2mQIoAaCpTQjBQw35PQ8IaXE79xB0qLMLjFUQSuz/qB6AnO0Eid/GEb4R6TyvW4zYXiErpMI52JVQX4MO7kC3bRnoIuEiclBZKi2sl/tbshj30IkEumdcuxI3QTplCY98e5dqwhYnzI+tAyNGA+aDeZnjKmx0bp0l6oTAVIp+rviYT5Wo98z3T6DAd63puI/3mtGHsXbiKCKEYI+OyjXiwphnSSC+0KBRzlyBDGlTC7Uj5ginE06eVMCM78yYukflp0zoqlm1KhXEnjyJIDckROiEPOSZlckSqpEU4eyTN5JW/Wk/VivVsfs9aMlc7skz+wPn8AgLKbbg==</latexit>

BM~ Pretz

<latexit sha1_base64="v405jnbVjZ5fDgljcjC6quBCY48=">AAACLXicbVDLSgMxFM3UV62vqks3wSK4KjOlqMtqXbis2Bd0xiGTSdvQzCQmGaEM/SE3/ooILiri1t8wfSxs64ELh3Pu5d57AsGo0rY9tjJr6xubW9nt3M7u3v5B/vCoqXgiMWlgzrhsB0gRRmPS0FQz0haSoChgpBUMqhO/9Uykojyu66EgXoR6Me1SjLSR/PzttV9/TF3MVckVfeqn1YfRCLpCcqE57PuOMQWRAj4ZFVOJGQmR0ouOny/YRXsKuEqcOSmAOWp+/t0NOU4iEmvMkFIdxxbaS5HU1CwY5dxEEYHwAPVIx9AYRUR56fTbETwzSgi7XJqKNZyqfydSFCk1jALTGSHdV8veRPzP6yS6e+WlNBaJJjGeLeomDJogJtHBkEqCNRsagrCk5laI+0girE3AOROCs/zyKmmWis5FsXxfLlRu5nFkwQk4BefAAZegAu5ADTQABi/gDYzBp/VqfVhf1vesNWPNZ47BAqyfX2+LqOE=</latexit>

Acos 2�CS

T / h?q
1 ~ h?q

1
<latexit sha1_base64="U7ITmJIE+HIzKtPVkkcSPe7otYw="></latexit>

Asin�s

T / fq
1 ~ f?q

1T
<latexit sha1_base64="49SBe3ul7rjtmLltOL3yEYOzz4g="></latexit>

Asin(2�CS��s)
T / h?q

1 ~ h?q
1T

<latexit sha1_base64="7n/JWbcyWkBRgOKQ9HqaCyf8wGY="></latexit>

Asin(2�CS+�s)
T / h?q

1 ~ hq
1

  

LO SIDIS and DY cross sections
<latexit sha1_base64="IZTywYQOmLMf5Bsd/7S0Vt6TEzQ=">AAAB6HicbVDLTgJBEOzFF+IL9ehlIjHxRHYNUY9ELx4hkUcCGzI79MLI7Ow6M2tCCF/gxYPGePWTvPk3DrAHBSvppFLVne6uIBFcG9f9dnJr6xubW/ntws7u3v5B8fCoqeNUMWywWMSqHVCNgktsGG4EthOFNAoEtoLR7cxvPaHSPJb3ZpygH9GB5CFn1Fip/tgrltyyOwdZJV5GSpCh1it+dfsxSyOUhgmqdcdzE+NPqDKcCZwWuqnGhLIRHWDHUkkj1P5kfuiUnFmlT8JY2ZKGzNXfExMaaT2OAtsZUTPUy95M/M/rpCa89idcJqlByRaLwlQQE5PZ16TPFTIjxpZQpri9lbAhVZQZm03BhuAtv7xKmhdl77JcqVdK1ZssjjycwCmcgwdXUIU7qEEDGCA8wyu8OQ/Oi/PufCxac042cwx/4Hz+AN6LjP4=</latexit>q

<latexit sha1_base64="SJ1OIjSePJJuklmqM/ZKicifNKI=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48V7Ae0oWy2k3bpZhN3N0IJ/RFePCji1d/jzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4dua3n1BpHssHM0nQj+hQ8pAzaqzU7gVUZY/TfrniVt05yCrxclKBHI1++as3iFkaoTRMUK27npsYP6PKcCZwWuqlGhPKxnSIXUsljVD72fzcKTmzyoCEsbIlDZmrvycyGmk9iQLbGVEz0sveTPzP66YmvPYzLpPUoGSLRWEqiInJ7Hcy4AqZERNLKFPc3krYiCrKjE2oZEPwll9eJa2LqndZrd3XKvWbPI4inMApnIMHV1CHO2hAExiM4Rle4c1JnBfn3flYtBacfOYY/sD5/AGcQ4/D</latexit>

q̄

<latexit sha1_base64="O7wMjROSRfMzhyTzs67hf2d+rcI=">AAAB73icbVDLSgNBEOyNrxhfUY9eFoMgHsKuBPUY9OIxgnlAEkPvZDYZMjO7zswKYclPePGgiFd/x5t/4yTZgyYWNBRV3XR3BTFn2njet5NbWV1b38hvFra2d3b3ivsHDR0litA6iXikWgFqypmkdcMMp61YURQBp81gdDP1m09UaRbJezOOaVfgQLKQETRWanUGKAQ+nPWKJa/szeAuEz8jJchQ6xW/Ov2IJIJKQzhq3fa92HRTVIYRTieFTqJpjGSEA9q2VKKgupvO7p24J1bpu2GkbEnjztTfEykKrccisJ0CzVAvelPxP6+dmPCqmzIZJ4ZKMl8UJtw1kTt93u0zRYnhY0uQKGZvdckQFRJjIyrYEPzFl5dJ47zsX5Qrd5VS9TqLIw9HcAyn4MMlVOEWalAHAhye4RXenEfnxXl3PuatOSebOYQ/cD5/AKcCj7o=</latexit>

�⇤ <latexit sha1_base64="4uU2Vo3diKFMxbpfLGvgwHfSdlc=">AAAB6nicbVDLSgNBEOyNrxhfUY9eBoMgCGFXgnoMevEY0TwgWcPspJMMmZ1dZmaFsOQTvHhQxKtf5M2/cZLsQRMLGoqqbrq7glhwbVz328mtrK6tb+Q3C1vbO7t7xf2Dho4SxbDOIhGpVkA1Ci6xbrgR2IoV0jAQ2AxGN1O/+YRK80g+mHGMfkgHkvc5o8ZK9+LxrFssuWV3BrJMvIyUIEOtW/zq9CKWhCgNE1TrtufGxk+pMpwJnBQ6icaYshEdYNtSSUPUfjo7dUJOrNIj/UjZkobM1N8TKQ21HoeB7QypGepFbyr+57UT07/yUy7jxKBk80X9RBATkenfpMcVMiPGllCmuL2VsCFVlBmbTsGG4C2+vEwa52Xvoly5q5Sq11kceTiCYzgFDy6hCrdQgzowGMAzvMKbI5wX5935mLfmnGzmEP7A+fwB8aqNlg==</latexit>

l+

<latexit sha1_base64="NzbEEfKLc8yQ5mYCntdBucn7V9M=">AAAB6nicbVDLSgNBEOyNrxhfUY9eBoPgxbArQT0GvXiMaB6QrGF20kmGzM4uM7NCWPIJXjwo4tUv8ubfOEn2oIkFDUVVN91dQSy4Nq777eRWVtfWN/Kbha3tnd294v5BQ0eJYlhnkYhUK6AaBZdYN9wIbMUKaRgIbAajm6nffEKleSQfzDhGP6QDyfucUWOle/F41i2W3LI7A1kmXkZKkKHWLX51ehFLQpSGCap123Nj46dUGc4ETgqdRGNM2YgOsG2ppCFqP52dOiEnVumRfqRsSUNm6u+JlIZaj8PAdobUDPWiNxX/89qJ6V/5KZdxYlCy+aJ+IoiJyPRv0uMKmRFjSyhT3N5K2JAqyoxNp2BD8BZfXiaN87J3Ua7cVUrV6yyOPBzBMZyCB5dQhVuoQR0YDOAZXuHNEc6L8+58zFtzTjZzCH/gfP4A9LKNmA==</latexit>

l�

Polarized Semi Inclusive DIS Polarized DY

<latexit sha1_base64="qQC9gUNuyoAuDyz58i8q33Gsj9w=">AAAB83icbVDLSgNBEOyNrxhfUY9eBoPgKeyKqMegF48RzAOSNcxOZpMhs7PDPJSw5De8eFDEqz/jzb9xkuxBEwsaiqpuursiyZk2vv/tFVZW19Y3ipulre2d3b3y/kFTp1YR2iApT1U7wppyJmjDMMNpWyqKk4jTVjS6mfqtR6o0S8W9GUsaJnggWMwINk7qyoesayVWKn2a9MoVv+rPgJZJkJMK5Kj3yl/dfkpsQoUhHGvdCXxpwgwrwwink1LXaioxGeEB7TgqcEJ1mM1unqATp/RRnCpXwqCZ+nsiw4nW4yRynQk2Q73oTcX/vI418VWYMSGtoYLMF8WWI5OiaQCozxQlho8dwUQxdysiQ6wwMS6mkgshWHx5mTTPqsFF9fzuvFK7zuMowhEcwykEcAk1uIU6NICAhGd4hTfPei/eu/cxby14+cwh/IH3+QPFqpIt</latexit>

p"

<latexit sha1_base64="mcbuxDXTW9QgPzCOHFrdFyHodyI=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeiF48t2FpoQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgpr6xubW8Xt0s7u3v5B+fCoreNUMWyxWMSqE1CNgktsGW4EdhKFNAoEPgTj25n/8IRK81jem0mCfkSHkoecUWOlZtIvV9yqOwdZJV5OKpCj0S9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrqaQRaj+bHzolZ1YZkDBWtqQhc/X3REYjrSdRYDsjakZ62ZuJ/3nd1ITXfsZlkhqUbLEoTAUxMZl9TQZcITNiYgllittbCRtRRZmx2ZRsCN7yy6ukfVH1Lqu1Zq1Sv8njKMIJnMI5eHAFdbiDBrSAAcIzvMKb8+i8OO/Ox6K14OQzx/AHzucP3QeM/Q==</latexit>p
<latexit sha1_base64="O7wMjROSRfMzhyTzs67hf2d+rcI=">AAAB73icbVDLSgNBEOyNrxhfUY9eFoMgHsKuBPUY9OIxgnlAEkPvZDYZMjO7zswKYclPePGgiFd/x5t/4yTZgyYWNBRV3XR3BTFn2njet5NbWV1b38hvFra2d3b3ivsHDR0litA6iXikWgFqypmkdcMMp61YURQBp81gdDP1m09UaRbJezOOaVfgQLKQETRWanUGKAQ+nPWKJa/szeAuEz8jJchQ6xW/Ov2IJIJKQzhq3fa92HRTVIYRTieFTqJpjGSEA9q2VKKgupvO7p24J1bpu2GkbEnjztTfEykKrccisJ0CzVAvelPxP6+dmPCqmzIZJ4ZKMl8UJtw1kTt93u0zRYnhY0uQKGZvdckQFRJjIyrYEPzFl5dJ47zsX5Qrd5VS9TqLIw9HcAyn4MMlVOEWalAHAhye4RXenEfnxXl3PuatOSebOYQ/cD5/AKcCj7o=</latexit>

�⇤



<latexit sha1_base64="lwSE4jwRnbSyXi/ibuDeS4Ne04U="></latexit>

fq/p"(x,kT) = fq/p(x,kT) + f?
1T (x,kT)S.(P̂⇥ k̂T)

8

S`Q+2bb /2T2M/2M+2

k9 f 9R

S�`iQM /Bbi`B#miBQMb rBi? U! ;�m;2 HBMF, f [!]
1 (x, k2

T )

S`Q+2bb /2T2M/2M+2

k8 f 9R

SIDIS

lepton lepton

proton Hadron
+ remnants proton

DY

lepton

lepton

proton

remnants

remnants

The Sivers function describes the correlation between the momentum direction of the struck quark 
and the spin of its parent nucleon.

Ø The gauge-invariant definition of the Sivers function 
predicts the opposite sign for the Sivers function in SIDIS 
compared to processes with color charges in the initial state 
and a colorless final state in Drell-Yan, 𝐽/𝜓, 𝑊±, 𝑍

Ø This inclusion of the gauge link has profound consequences 
on factorization proofs and on the concept of universality, 
which are of fundamental relevance for high-energy 
hadronic physics

  

SpinQuest Goals

 Consider a nucleonic pion cloud

|p> = |p0> + |Nπ> + |Δπ> + …

Pions Jp=0- Nega�ve Parity

Need L=1 to get proton’s Jp=½+

Sea quarks should carry orbital angular momentum. 

LaLce 

QCD:

K.-F. Liu et al arXiv:1203.6388

DS
q
»25%

2 L
q
»46% (0%(valence)+46%(sea))

2 J
g
»25%

 Interference between spin-Rip and non-Rip amplitudes w/diSerent phases

 SoT gluons 
– “gauge links” required for color gauge invariance

–Re-interac�ons are &nal (or ini�al) state … and may be process dependent!

QDC Gauge Invariance

Pic.. Courtesy: Andrea SignoriPic.. Courtesy: Andrea Signori
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FIG. 4. [Color online] Transverse single-spin asymmetry amplitude for W+ (left plot) and W! (right plot) versus yW compared
with the non TMD-evolved KQ [11] model, assuming (solid line) or excluding (dashed line) a sign change in the Sivers function.
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TSSA amplitude for W+/W- from STAR data is favors the “sign-change”
In DY relative to SIDIS (model based without TMD evolution)  

The dilution factor f and the depolarization factor D2

entering the definition of TSAs are calculated on an event-
by-event basis and are used to weight the asymmetries. For
the magnitude of the target polarization PT , an average
value is used for each data-taking period in order to avoid
possible systematic bias. In the evaluation of the depolari-
zation factors, the approximation ! ! 1 is used. Known
deviations from this assumption with ! ranging between 0.5
and 1 [35,36] decrease the normalization factor by at
most 5%.
The TSAs resulting from different periods are checked

for possible systematic effects. The largest systematic
uncertainty is due to possible residual variations of exper-
imental conditions within a given period. They are quanti-
fied by evaluating various types of false asymmetries in a
similar way as described in Refs. [12,30]. The systematic
point-to-point uncertainties are found to be about 0.7 times
the statistical uncertainties. The normalization uncertainties
originating from the uncertainties on target polarization
(5%) and dilution factor (8%) are not included in the quoted
systematic uncertainties.
The TSAs Asin"S

T , Asin"2"CS!"S#
T , and Asin"2"CS$"S#

T are
shown in Fig. 5 as a function of the variables xN , x# ,
xF, and qT . Because of relatively large statistical uncer-
tainties, no clear trend is observed for any of the TSAs. The
full set of numerical values for all TSAs, including
correlation coefficients and mean kinematic values from
this measurement, is available on HepData [37]. The last
column in Fig. 5 shows the results for the three extracted
TSAs integrated over the entire kinematic range. The
average Sivers asymmetry Asin"S

T ! 0.060% 0.057"stat# %
0.040"sys# is found to be above 0 at about one standard
deviation of the total uncertainty. In Fig. 6, it is compared
with recent theoretical predictions from Refs. [19–21] that
are based on standard DGLAP and two different TMD
evolution approaches. (Note that the kinematic constraints
used in Refs. [19–21] differ from one another and also from
those used in our analysis.) The positive sign of these
theoretical predictions for the DY Sivers asymmetry was
obtained by using the sign-change hypothesis for the Sivers
TMD PDFs, and the numerical values are based on a fit of
SIDIS data for the Sivers TSA [9,11,12]. Figure 6 shows
that this first measurement of the DY Sivers asymmetry is

consistent with the predicted change of sign for the Sivers
function.
The average value for the TSAAsin"2"CS!"S#

T is measured to
be below 0 with a significance of about two standard
deviations. The obtained magnitude of the asymmetry is
in agreement with the model calculations of Ref. [38] and
can be used to study the universality of the nucleon trans-
versity function. The TSA Asin"2"CS$"S#

T , which is related to
the nucleon pretzelosity TMD PDFs, is measured to be
above 0 with a significance of about one standard deviation.
Since both Asin"2"CS!"S#

T and Asin"2"CS$"S#
T are related to the

pion Boer-Mulders PDFs, the obtained results may be used
to study this function further and to possibly determine its
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Figure 5. Density of data in the plane (Q, x) (a darker color corresponds to a higher density).

has been followed, and this is the purpose of this section. Finally, we also provide a suitable

definition of the !2 that allows for a correct exploitation of experimental uncertainties.

4.1 Treatment of nuclear targets and charged hadrons

The data from E288, E605 (Cu), E772, COMPASS, part of HERMES (isoscalar targets)

come from nuclear target processes. In these cases, we perform the iso-spin rotation of the

corresponding TMDPDF that simulates the nuclear-target e!ects. For example, we replace

u-, and d-quark distributions by

f1,u!A(x, b) =
Z

A
f1,u!p(x, b) +

A! Z

A
f1,d!p(x, b), (4.1)

f1,d!A(x, b) =
Z

A
f1,d!p(x, b) +

A! Z

A
f1,u!p(x, b), (4.2)

where A(Z) is atomic number(charge) of a nuclear target. In principle, for E288, E605 data

extracted from very heavy targets one should also incorporate the nuclear modification

factor that depends on x. In the given kinematics the nuclear modification factor produces

e!ects of order 5-10% in the normalization of the cross-section. The shape of cross-section

is changed in much smaller amount, about 1% in a point, as it is shown in f.i. [21, 85].

Simultaneously, the systematic (correlated) errors of these experiments are large 25% and

20%, correspondingly, as well as the uncorrelated error (typically 2-5%). Therefore, we are

not sensitive to nuclear modification e!ect.

The measurements of SIDIS are made in a number of di!erent channels. The HER-

MES data include "± and K±, and COMPASS data are for charged hadrons, h±. Pions

and kaons are described by an individual TMDFFs. However, charged hadrons are a com-
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Figure 3.1: The kinematic acceptance in x and Q
2 of completed lepton-nucleus (DIS) and Drell-

Yan (DY) experiments (all fixed target) compared to two EIC energy options. The acceptance
bands for the EIC are defined by Q

2 = x y s with 0.01  y  0.95 and values of s shown.

us to understand universal features of the
physics of the nucleon and the physics of nu-
clei. Other measurements have no analog
in e+p collisions and nuclei provide a com-
pletely unique environment to explore these.
The EIC would have a capability of colliding
many ion species at a wide range of collision
energies. With its high luminosity and detec-
tor coverage, as well as its high collision en-
ergies, the EIC could probe the confined mo-
tion as well as spatial distributions of quarks
and gluons inside a nucleus at unprecedented
resolution — one tenth of a femtometer or
better — and could detect soft gluons whose

energy in the rest frame of the nucleus is less
than one tenth of the averaged binding en-
ergy needed to hold the nucleons together
to form the nucleus. With large nuclei, the
EIC could reach the saturation regime that
may only be reached by electron-proton col-
lisions with a multi-TeV proton beam. The
kinematic acceptance of an EIC compared to
all other data collected in DIS on nuclei and
in Drell-Yan (DY) experiments is shown in
Fig. 3.1. Clearly an EIC would greatly ex-
tend our knowledge of strong interactions in
a nuclear environment.
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Ø The E1039 experiment will provide 
unique information for the sea quark 
Sivers function in DY

Ø ßPlot: Uncertainties in the predicted 
Sivers asymmetry in polarized Drell-Yan 
process from SpinQuest.

Drell-Yan measurements above the 𝐽/𝜓 peak fall in a 
unique region with Q2 in the range of 16 < M2 < 81 GeV2

and QT < few GeV 

From E1039 proposal
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Target(6-7%)
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• Density of target (ammonia) (1%) 
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FIG. 3. [Color online] The amplitude of the transverse single-spin asymmetry for W± and Z0 boson production measured by
STAR in proton-proton collisions at

!
s = 500 GeV with a recorded luminosity of 25 pb!1. The solid gray bands represent

the uncertainty on the KQ [11] model due to the unknown sea quark Sivers function. The crosshatched region indicates the
current uncertainty in the theoretical predictions due to TMD evolution.

fits to experimental data. A consensus on how to obtain
and handle the non-perturbative input in the TMD evo-
lution has not yet been reached [27]; therefore the results
presented here can help to constrain theoretical models.
A combined fit on W+ and W! asymmetries, AN (yW ),
to the theoretical prediction in the KQ model (no TMD
evolution), shown in Fig. 4, gives a !2/ndf = 7.4/6 as-
suming a sign-change in the Sivers function (solid line)
and a !2/ndf = 19.6/6 otherwise (dashed line). The cur-
rent data thus favor theoretical models that include a
change of sign for the Sivers function relative to observa-
tions in SIDIS measurements, if TMD evolution e!ects
are small.
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The solid gray bands represent the uncertainty due to 
the unknown sea quark Sivers functions estimated by 
saturating the sea quark Sivers function to their 
positivity limit in the KQ (Z.-B. Kang and J. -W. Qiu PRL 
103,172001 (2009) )calculation 

Ø Initial attempts to measure the Sivers asymmetry for sea quark Sivers have been reported by the STAR 
collaboration at RHIC using W/Z boson production. Their data is statistically limited and favor a sign-change 
only if TMD evolutions effects are significantly smaller than expected.

Ø SpinQuest will perform the first measurement of the Sivers asymmetry in Drell-Yan proton-proton scattering from 
the sea quarks.
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Figure 14: The kinematic acceptance of the E1039 experiment.

The experiment will be using the Fermilab main injector beam with an energy of 120 GeV and
a 4 second spill every minute. The maximum beam intensity will be ' 1013 protons per spill.

3.2 The Polarized Target

We will use the LANL-UVa polarized target which has been rebuilt and tested over the last three
years. The target system consists of a 5T superconducting split coil magnet, a 4He evaporation
refrigerator, a 140 GHz microwave source and a large 15000 m3/hr pumping system. The target
is polarized using Dynamic Nuclear Polarization (DNP) [52] and is shown schematically in Fig.
15. The beam direction is from left to right, and the magnetic field is vertical along the symmetry
axis, so that the target polarization is transverse to the beam direction. The target cells are shown
in gold color, with the top cell in the center of the split coils. The full system is shown in Fig. 16.

While the magnetic moment of the proton is too small to lead to a sizable polarization in a
5 T field, electrons in that field at 1 K are better than 99% polarized. By doping a suitable solid
target material with paramagnetic radicals to provide unpaired electron spins, one can make use
of the highly polarized state of the electrons. The dipole-dipole interaction between the nucleon
and the electron leads to hyperfine splitting, providing the coupling between the two spin species.
By applying a suitable microwave signal, the desired spin state is populated. We will use frozen
ammonia beads of NH3 and ND3 as the target material and create the paramagnetic radicals
(roughly 1019 spins/ml) through irradiation with a high intensity electron beam at the National
Institute of Standards and Technology (NIST). The cryogenic refrigerator, which works on the
principle of liquid 4He evaporation, can cool the bath to 1K, by lowering the 4He vapor pressure
down to less than 0.118 Torr. The polarization will be measured with three NMR coils per cell,
placed inside each target cell. The maximum polarization achieved with the proton (deuteron)
target is better than 98% (48%) and the ammonia bead packing fraction is about 60%. In our
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15. The beam direction is from left to right, and the magnetic field is vertical along the symmetry
axis, so that the target polarization is transverse to the beam direction. The target cells are shown
in gold color, with the top cell in the center of the split coils. The full system is shown in Fig. 16.

While the magnetic moment of the proton is too small to lead to a sizable polarization in a
5 T field, electrons in that field at 1 K are better than 99% polarized. By doping a suitable solid
target material with paramagnetic radicals to provide unpaired electron spins, one can make use
of the highly polarized state of the electrons. The dipole-dipole interaction between the nucleon
and the electron leads to hyperfine splitting, providing the coupling between the two spin species.
By applying a suitable microwave signal, the desired spin state is populated. We will use frozen
ammonia beads of NH3 and ND3 as the target material and create the paramagnetic radicals
(roughly 1019 spins/ml) through irradiation with a high intensity electron beam at the National
Institute of Standards and Technology (NIST). The cryogenic refrigerator, which works on the
principle of liquid 4He evaporation, can cool the bath to 1K, by lowering the 4He vapor pressure
down to less than 0.118 Torr. The polarization will be measured with three NMR coils per cell,
placed inside each target cell. The maximum polarization achieved with the proton (deuteron)
target is better than 98% (48%) and the ammonia bead packing fraction is about 60%. In our
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Ø SpinQuest will be able to explore
a new region of kinematics for 𝐽/𝜓
compare to the PHENIX measurements

Ø 𝐽/𝜓 production:
Ø PHENIX à 𝑔𝑔 fusion at 𝑠 =200 GeV
Ø SpinQuest à 𝑞(𝑞 annihilation at 𝑠 = 15.5 GeV
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NM4

Ø 120 GeV/c proton beam
Ø 𝑠 = 15.5 GeV
Ø Projected beam

v 5×10!"𝑝𝑟𝑜𝑡𝑜𝑛𝑠/𝑠𝑝𝑖𝑙𝑙 Where 𝑠𝑝𝑖𝑙𝑙 ≈ 4.4 𝑠/𝑚𝑖𝑛
v Bunches of 1𝑛𝑠 with 19𝑛𝑠 intervals ~ 53 𝑀𝐻𝑧
v 7×10!#𝑝𝑟𝑜𝑡𝑜𝑛𝑠/𝑦𝑒𝑎𝑟 on target! 16



Fermilab E866/NuSea
Fermilab E906/E1039

Data in 1996-1997
1H, 2H and nuclear targets
800 GeV proton beam

Data in > 2010
1H, 2H and nuclear targets
120 GeV proton beam
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Therefore, the SpinQuest/E1039 
experiment will get,

Ø Cross-Section scales as  ~7 times 
compare to that with 800 GeV beam

Ø Luminosity is ~7 times compare to 
that with 800 GeV beam

Ø ~49 x Statistics with 800 GeV beam
  

Advantage of the Main Injector

And  E1039
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Polarized Target

• Designed for high intensity proton 
beam (4 × 10^12 proton/ 4 sec) by 
LANL-UVA group

• 8 cm long solid NH3 and ND3 targets

• Magnetic Field: B = 5 T with 
⁄,; ; < 10D9 over 8 cm

• 4He evaporation refrigerator ( 3 W of 
maximum cooling power)

• 140 GHz microwave source

3/23/21 26

Source: Zulkaida, Joshua 

Abinash Pun, NMSU

25m
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Magnet, Hadron 
absorber and beam 
dump

4.9m Mom. 
Meas.
(KTeV 
Magnet)

Hadron Absorber (Iron Wall)

Station 4:
Hodoscope array
Prop tube tracking

Station 2 and 3:
Hodoscope array
Drift Chamber 
tracking

Drawing:  
T. O’Connor 
and K. Bailey

Station 1:
Hodoscope 
array
MWPC 
tracking

Polarized solid 
NH3 & ND3 
target setup

polarized NH3

Spectrometer for Sivers asymmetry measurements

9

120 GeV
Proton

v Designed for high intensity proton beam 
(5×10!"𝑝𝑟𝑜𝑡𝑜𝑛𝑠/𝑠𝑝𝑖𝑙𝑙 with 4.4s spill) 
by LANL-UVA group

v 8 cm long solid NH3 and ND3 target cells 
v Magnetic Field: B = 5 T with uniformity 𝑑𝐵⁄𝐵 < 10#$

over 8 cm
v 4He evaporation refrigerator ( 3 W of maximum 

cooling power) keeping the target at 1.1 K.
v 140 GHz microwave source (with DNP technique) 
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Updated Projections of Error 

Beam(2.5%):
• Relative Luminosity (~1%) 
• Drifts (<2%)
• Scraping (~1%) 

Analysis sources(3.5%):
• Tracking Efficiency (1.5%)
• Trigger and Geometrical Acceptance (<2%) 
• Mixed background  (3%)
• Shape of DY (~1%)

Target(6-7%)
• TE calibration (P-2.5% D-4.5%)
• Polarization inhomogeneity (2%) 
• Density of target (ammonia) (1%) 
• Uneven radiation damage (3%)
• Beam/target misalignment (0.5%)
• Packing fraction (2%)
• Dilution factor (3%)

Ø Beam (∽ 2.5%)
• Relative luminosity (∽ 1%)
• Drifts (< 2%)
• Scraping (∽ 1%)

Ø Analysis sources (∽ 3.5%)
• Tracking efficiency (∽ 1.5%)
• Trigger & geometrical acceptance (<2%)
• Mixed background (∽ 3%)
• Shape of DY (∽ 1%)

Ø Target (∽ 6-7 %)
• TE calibration (proton ∽ 2.5%; deuteron ∽ 4.5%)
• Polarization inhomogeneity (∽ 2%)
• Density of target (NH3(s)) (∽ 1%)
• Uneven radiation damage (∽ 3%)
• Beam-Target misalignment (∽ 0.5%)
• Packing fraction (∽ 2%)
• Dilution factor (∽ 3%)
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Polarized Target

• Designed for high intensity proton 
beam (4 × 10^12 proton/ 4 sec) by 
LANL-UVA group
• 8 cm long solid NH3 and ND3 targets

• Magnetic Field: B = 5 T with 
⁄,; ; < 10D9 over 8 cm

• 4He evaporation refrigerator ( 3 W of 
maximum cooling power)

• 140 GHz microwave source

3/23/21 26

Source: Zulkaida, Joshua 

Abinash Pun, NMSU

x2 bin < x2 >
NH3 (p") ND3 (d") n"

N �A (%) N �A (%) �A(%)
0.10 - 0.16 0.139 5.0⇥ 104 3.2 5.8⇥ 104 4.3 5.4
0.16 - 0.19 0.175 4.5⇥ 104 3.3 5.2⇥ 104 4.6 5.7
0.19 - 0.24 0.213 5.7⇥ 104 2.9 6.6⇥ 104 4.1 5.0
0.24 - 0.60 0.295 5.5⇥ 104 3.0 6.4⇥ 104 4.1 5.1

Table 4: Event yield and statistical precision of the AN measurement in each of the x2 bins for the
NH3 (p") and ND3 (d") targets, and the deduced AN measurement precision for polarized n.

3.6 Polarization Measurements

3.6.1 Proton Polarization Measurements

The proton spin polarization is measured with a continuous-wave NMR system based on the
Liverpool Q-meter design [51] and recently upgraded at LANL. The Q-meter works as part of a
circuit with phase sensitivity designed to respond to the change of the impedance in the NMR
coil. The radio-frequent (RF) susceptibility of the material is inductively coupled to the NMR coil
which is part of a series LCR circuit, tuned to the Larmor frequency of the nuclei being probed.
The output, consisting of a DC level digitized and recorded as a target event [52] in the target
data acquisition system.

The polarized target NMR and data acquisition includes the software control system, the Rohde
& Schwarz RF generator (R&S), the Q-meter enclosure, and the target cavity insert. The Q-meter
enclosure is a standard VME crate, containing a series of Q-meter circuit boards with separate
connection cables which are used for di↵erent target cup cells during the experiment. The target
material and NMR coil are held in polychlorotrifluorethylene (Kel-F) cells with the whole target
insert cryogenically cooled to 1 K. Kel-F is used because it contains no free protons.

The R&S generator produces a RF signal which is frequency modulated to sweep over the
frequency range of interest. Typically, the R&S responds to an external modulation, sweeping
linearly from 400 kHz below to 400 kHz above the Larmor frequency. The signal from the R&S
is connected to the NMR coils within the target material. To avoid degrading reflections in the
long connection from the NMR coil to the electronics, a standing wave can be created in the
transmission cable by selecting a length of cable that is an integer multiple of the half-wavelength
of the resonant frequency. This specialized connection cable is known as the �/2 cable and is a
semi-rigid cable with a teflon based dielectric. The NMR coil consists of a set of loops made of
70/30 copper-nickel tube, which minimizes interaction with the proton beam. The coil opens up
into an oval shape spanning approximately 2 cm inside the cup. It is possible to enhance the signal
to noise ratio by taking multiple frequency sweeps and averaging the signals. A completion of the
set number of sweeps results in a single target event with a time stamp. The averaged signal is
integrated to obtain a NMR polarization area for that event. Each target event written contains
all NMR system parameters and the target environment variables needed to calculate the final
polarization.

A target NMR calibration measurement or Thermal Equilibrium measurement (TE) is used to
find a proportionality relation to determine the enhanced polarization under a range of thermal
conditions given the area of the “Q-curve” NMR signal at the same magnetic field. The magnetic
moment in the external field results in a set of 2J+1 energy sublevels through Zeeman interaction,
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Extended Data Fig. 3 | Reconstructed invariant mass spectra.  
a, b, Reconstructed muon-pair invariant-mass spectra for the liquid hydrogen 
(a) and liquid deuterium (b) targets. In the lower mass region, the predominant 
signal is produced by J/!!"!µ+µ# decay, followed by µ+µ# decay of !$. The 
prominence of the J/! peak provides a calibration point for the absolute field of 
the solid iron magnet. At invariant masses above 4.5!GeV/c2, the Drell–Yan 

process becomes the dominant feature. The data are shown as red points. 
Additionally, Monte Carlo (MC) simulated distributions of Drell–Yan, J/! and !$, 
along with measured random-coincidence and empty-target backgrounds, are 
shown. The sum of these is shown in the blue solid curve labelled ‘MC sum’. The 
normalizations of the Monte Carlo and the random background were from a fit 
to the data.
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signal is produced by J/!!"!µ+µ# decay, followed by µ+µ# decay of !$. The 
prominence of the J/! peak provides a calibration point for the absolute field of 
the solid iron magnet. At invariant masses above 4.5!GeV/c2, the Drell–Yan 

process becomes the dominant feature. The data are shown as red points. 
Additionally, Monte Carlo (MC) simulated distributions of Drell–Yan, J/! and !$, 
along with measured random-coincidence and empty-target backgrounds, are 
shown. The sum of these is shown in the blue solid curve labelled ‘MC sum’. The 
normalizations of the Monte Carlo and the random background were from a fit 
to the data.

Nature 590, 561–565 (2021) Nature 590, 561–565 (2021) 

ØMonte-Carlo describe data well
ØBetter resolution than expected

• 𝛿𝜎F(𝐽/𝜓) ~ 220 MeV
• 𝛿𝜎F(𝐷𝑌) ~ truth-reconstructed from event-by-event MC
• 𝐽/𝜓 and 𝜓’ separation

The projected event selection/reconstruction 
is expected to be the same for E1039

21



Ø 2018, March: DOE approval 
Ø 2018, May: Fermilab stage-2 approval 
Ø 2018, June: E906 decommissioned 
Ø 2019, May: Transferred the polarized target from UVA to Fermilab 
Ø Now: commission all components using cosmic rays 
Ø Polarized target commissioning will be completed by Fall of 2022 
Ø E1039 commissioning starts in this Fall 2022 

[Run for 2+ years, 2022-2024+] 

22



Ø SpinQuest will perform the first measurement of the Sivers asymmetry in Drell-Yan 
proton-proton scattering from the sea quarks ()𝑢 & �̅�) with sign.

A direct QCD prediction is a Sivers effect in the Drell-Yan process 
that has the opposite sign compared to the one in semi-inclusive DIS.

Ø Measurement of Sivers function for gluons (J/psi TSSA) 
Ø Explore a unique range of virtualities and transverse momenta not accessible through 

Z0 /W± measurements 
Ø Extensions: transversity, tensor charge, tensor polarized observables, 

dark sector, polarized proton beam,... 

  

SpinQuest Goals

 Consider a nucleonic pion cloud

|p> = |p0> + |Nπ> + |Δπ> + …

Pions Jp=0- Nega�ve Parity

Need L=1 to get proton’s Jp=½+

Sea quarks should carry orbital angular momentum. 

LaLce 

QCD:

K.-F. Liu et al arXiv:1203.6388

DS
q
»25%

2 L
q
»46% (0%(valence)+46%(sea))

2 J
g
»25%

 Interference between spin-Rip and non-Rip amplitudes w/diSerent phases

 SoT gluons 
– “gauge links” required for color gauge invariance

–Re-interac�ons are &nal (or ini�al) state … and may be process dependent!

QDC Gauge Invariance
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Please Join The Effort 
Dustin Keller (dustin@virginia.edu)[Spokesperson]
Kun Liu ([Spokesperson])

https://spinquest.fnal.gov/

http://twist.phys.virginia.edu/E1039/

mailto:dustin@virginia.edu
https://spinquest.fnal.gov/
http://twist.phys.virginia.edu/E1039/


25This work is supported by DOE contract DE-FG02-96ER40950
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(Un)Polarized Drell Yan Experiments

3/23/21 29

2021-2023+

Abinash Pun, NMSU

Source: Wolfgang Lorenzon

🌎
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